Abstract. We present a short elementary proof of the following Twelve Points Theorem: Let M be a convex polygon with vertices at the lattice points, containing a single lattice point in its interior. Denote by m (resp. m * ) the number of lattice points in the boundary of M (resp. in the boundary of the dual polygon). Then m + m * = 12.
This theorem appeared in [Ful93] . There are only some hints for the proof, applying the theory of toric varietes. In an interesting paper [PRV00] , completely dedicated to the 12 points theorem, even four different proofs are discussed. Two of them are rather long and they use toric varieties and modular forms respectively. There are also outlined two proofs applying only linear algebra. The first of them is exhausting (there are 16 different types of polygons M in our theorem up to SL 2 (Z)). The idea of the second one is very close to the proof of recent paper.
Our elementary proof is analogous to one of the proofs of the Pick formula. We reduce the Twelve points theorem to the specific case when M is a parallelogram and m = 4. Let us begin with this latter case. • ). This does not affect the definition of M * . Assume that some triangle A i−1 A i A i+1 is simple, i. e. it contains no lattice points except its vertices (neither in the interior nor in the boundary). Deleting a triangle is cutting off from polygon M the triangle A i−1 A i A i+1 . The reverse operation is called adding a triangle. Our reduction is based on the following assertion:
(2) The value m + m * is preserved under delleting or adding a triangle.
It is sufficient to prove that deleting a simple triangle, say A 1 A 2 A 3 , from M gives adding a simple triangle A 12 A 13 A 23 to M * (Figure 3) . Here by A kl we denote the point such that (Figure 4 on the left).
C) m = 3, M = ABC. In this case denote by A ′ and C ′ the points symmetric to A and C, respectively, with respect to O. The required sequence of deleting/adding of triangles has the form: Figure 4 on the right).
So in each case we obtain the required parallelogram, that completes the proof of our theorem.
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